Solution (#214) Set
F)=w= cisf (z — a)
- l-az
Then, solving for z we have
(1—az)wcis(—0)=2z—a
= wcis (—0) + a = z (1 + awcis ( —0))
and hence 1 wcis(—0)+a  cis(—0) (w + acish)
z=f""(w) = —— = —
1+ awcis (—0) 1 —w(—acis@)
which is of the same form as f but with —6 replacing € and —acis 6 replacing a. Likewise
cisa (—Cisf_(;a) - b)

Ly ey

l—az

cisa(cisd (z—a) —b(l —az))
1—az —bcisf (2 — a)
cisa ((cis@ + ab) z — (b + acis 0))
(14 abcis ) — (a+ beisb) z
cisa (z — A)
1— Az

where b i< 0 b+ aci 0 G beis 0
_ b+ acis and A — +acis (=0) a4 bcis

~ cisf +ab ~cis (=) +ab 1+ abcisf’
~ b+acis®  beis (—0) — (—a)
~cisf+ab  1—(—a)bcis (—0)

Further note that

= h(bcis (—0))
where :— (—a)
h=——7F12—7-
1—(-a)z
is a map, which like f maps the unit disc into the unit disc and |bcis (—0)| = |b] < 1; in particular then |A4| < 1.



