Solution (#723) Let vq,...,Vvy be k vectors in R™.
If for some ¢, v; is in (vy,...,v;_1) then we have

Vi, =1V + -+ Qi1Viea
for some a4, ...,q;_1 and hence we have a non-trivial linear dependency
avy+ -+ ai_1vi—1 —v; = 0.
Conversely suppose that the v; are linearly dependent so that we have an equation
oavi+ -+ agvp =0

where the «; are not all zero. Let r be the largest integer such that «, # 0 and then we have

aq Qp—1
avi+--+ove,=0 = v,=—-——"vi—--—
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Vr—1

so that v, isin (v1,...,v,_1).



